24 SECTION 12

Proof. It follows from the theorem 7?7 in [3]. O

Conjecture 148. GR StarComp(a LIPFCP b; f) = GR StarComp(a; f) UPFCP GR StarComp(b; f) if
f is a pointfree funcoid and a, b are multifuncoids of the same form, composable with f.

12 More on cross-composition of funcoids

Lemma 149. Let f is a staroid such that (form f); is a boolean lattice for each i € arity f. Let
a € Jlcarity ¢ gllorm )i,
EfC HStrd a then T f = StarComp(ﬂf; i € dom 2 I;CD(Q“)).

Proof. Let 11 fC [[°™ a. Then L GR 1] f= L#a.
L eCR StarComp(TTf; Xi € dom 2A: ij'3<%>) s3I eGRIFN ]
" [JF_CD@‘”} LiedyeGRIFN ]

a;

jen atoms ANV € n:
icn atoms AVi € n: (s CLiANyiCa;)) < Jye GR Y
fNTLL .. atoms,Vien: (y; kL ANy ka;)=TyeGRTT N [, .. atoms2A,;Vi e n: y; % L; because
1en 1EN
MfeGRg=y*a.
If L €17 f then there exists ye GR1TfN []
(by the theorem BT).

We have L € GR StarComp(TTf; i € dom U: I(';CD(mi)) < L e1]f that is GR StarCornp(TTf;
Ai € dom 2A: I(';CD(%)) 1 f. The other directoin is obvious. O

atoms 2; such as y C L and thus Vi en: y; ¥ L;

iEN

Theorem 150. Let f is a staroid such that (form f); is a boolean lattice for each i € arity f. Let
ac HiEarity f g(form f)l Then

Strd
1 fAFeRdorm /) TT a= StarComp(TT £: \i € dom 2U: IEfD(Qli)).

Proof. hd:efStarCOmp( ;A edom: I(';CD(m) )

Obviously hC 11 f and h T [[°™ a.

Suppose g C 17 f and g C HStrd a.

rEGgETE StarComp(g; Ai € dom2L: I;CD(Q[i)) =€ StarComp( fidiedom: I;CD(Q[i)) SaxEeh
(used the proposition above).

So g Ch. O

Corollary 151. Let f is a completary staroid such that (form f); is a boolean lattice for each
i€arity f. Let a€ [] f Form i Then

Strd
11 f restrdtormd) TT a= StarComp( 1 f; M € dom 2 15f°<9‘i>).

i Earity

Proof. Using the theorem [140. O

Theorem 152. Let f is a staroid such that (form f); is a boolean lattice for each i € arity f. Let
@€ Ticuney y 3™ Then 11 f £FPGm D) 155 g q ey /.

Proof. 1] f #FcPlermf) HStrd a < ] f NFEPform f) HStrd at0& StarComp(TTf; i € arity f:
IECPE ) £ PP 1) o 3L € 157,y € GRTS N [, atoms i € miy | 1P| Ly 3L € T™,

a;

ye€GRTTfN Hie" atoms A;Vien: (y; Ca; ANy, E L)<y e GRTFN Hie" atoms 21;Vi € n:
yiCaie GRITfN [],., atomsa; # 0= ac f. O

Corollary 153. Let f is a completary staroid such that (form f); is a boolean lattice for each
i€carity f. Let ae Hiearityf Fform i Then ”f*cStrd(form 1) HStrd asactf.



